LUYEN THI DAl HOC MON TOAN — Thiy Huing Choy® Lueng giac

Tai liéu bai gang:
01. CAC PHEP BIEN POI LUONG GIAC - P1

Thay Pang Viét Hung

|. CACHE THUC LUQNG GIAC CO BAN

- sin® x = 1- co$ x
* sin’ x+ cog x=

cos x= 1~ sirf x

.1 =1+tarf x= tarf x= ! -
cos X co$ x

. 12 =1+ cot x= cof x= _1 -1
sin® x sirt x

1
e tanx.cotx= I=» cotx=——
tanx

e sin*x+cod x= T+ 2siAx cosx : sthxt cbse -1 38ix o

e sin’x+ cos x= (sinx+ cox )@ six .cos ); Sine cox= (s crRE+KIN xCoS X

Il. DAU CUA CAC HAM SO LUQNG GIAC

Goc | Goéce Goéc lll Goéc IV
sinx + aF - -
COX + — _ n
tanx + - + -
cotx T - + -

Vi du 1. Tinh gia ti caa cac hamuong giac condi cua cungx sau:

. 1 T 2 n
a) sinx==;0< x<— b) cosx=—-— —<x<=n
3 2 J5 2
C) tanx = 2;n<x<3—n d) COtX:—l;%<X<2n
2 2 2
Huwong din gidi:

/2

a) sinx:E « cog x= T sihx= ’_r—l:§:> Cog=+——
3 9 9

2.2

Do 0< x<g:> cosx> 0O [ cox=——

sinx 1 J2
tanx=——=—-—-=—+

cosx 22 4
cotx:i = 2\/_2

T d6 taduoc:

tanx
b) Cosx=—2 = sif x= T codx= 0=t sigmi—v
J5 5 5 NG
Do L <x<n=sinx> 00 . sinx:i
2 NG
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sinx -1
tanx——:—2
T d6 taduoc: cosx
1
cotx=——=-2
tanx
c) Tu tanx= 2= cotx:izé
tanx 2
sinx g -1 sinx=+£
, [tanx=——=2 sinx=2cosx | ° X_5 ~ 5
Taco COSX = 2y = = 4 = L
sin?x+cog x=1 Scosx=1 sin®x=— COSX=+——
5 5
sinx—_—2
sinx< 0 -
Do n<x<3—n:> = JE
2 cosx< 0 cosx—_—l
J5
d) cotx:—1:> tanx:—1 ==z
2 cotx
sinx g -1 sinx:+i
Jtanx="""=-2 (sinx=-2cosx |9 *T% NG
Taco COSX = Sx= 1 - - L
sin’ x+cog x= 1 5C0S X= sin?x=— COSX=+——
5 5
sinx=—2
sinx< 0 >
Doﬁ<x<2n:> = \/5
2 cosx> 0 cosx——l
J5

Vi du 2. Chirng minh céaating thic sau:
sinx + cox— 1 cox

a) tan’ x— sirf x= tarf x siA x b) = = :
sinx—cosx+ 1 % six
HJ
, +

c)1- SIn X _ cos X = sinx cosX d) tanx.tanyzw

1+cotx 1+ tanx cotx+ coty
Hudng din gidi:
- 2 - _ - .

a) tar’ x— sirf x= SN X _ sirt x= Siff x— sirf x coSx __sifix ¢ cdsx -—)tanz X sirf x=dpcm.
cos x co$ x coSX

b) Ap dung cong tirc goc nhaniéi & phan IV taduoc:

. X X 5 X . X X . X X X
. o 4 2 2sin=| cos-— sin- -
SinX+ cosx— 1: 25|n2 00&2 2sif 2 _ 2( 2 2) _ cosé SH% (1)
sinx=cosx+ 1 550X 008+ 25ia % 2sin>| cosi+ siny cod—  siA
2 2 2 2 2 2 2 2
X .. X X . X
cosd = -sif=  cos — Sif
Matkhac o> =2 2= 2 2
L+ sinx (sinx+ co&xj cos + sin-
2 2 2 2
T (1) va (2) suy radiéu phii chaeng minh.
0 1- si”x _ cos X —1 sif x _ co$x — 1 sihx  cO — 1 sine- cOx_
1+ cotx 1+ tanx 14605% 4, sinx SinK+ COX  Six+ Ccos% sim cos
sinXx COSX
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- 2 . _ _
=1- (sinx + cosx )(siMl x— sirx cox+ cOs :)1—(1— SinX cosx F Sirk cos= dpcm.

sinx+ cosx
sinx N siny  sinx cosy+ siry cog
tanx+ tany _ cosx co COX CO sinxsin
Y Y - . y = Y - tanx tany = dpcm.
cotx+coty COSX COSy  Sirk COg+ sSily CO§ cosx cosy
sinx siny sinx siny

Vi du 3: Rat gon cac béu thirc sau

_cos x+ codx cotx

A=
sin® x + sir? x tarf x

_ cog x— 2sinx (£ sinx) 2 six
(1-sinx)cosx+ (¥ sirk )cog -4 sin

C =(1+cotx)sirt x+ (& tanx )cosx— six cos

D =+/sin® x+ 4cog x++ cosx+ 4sihx

Huwong din gidi:
o x+ Co§Xc0§x cod x (siAx+ cosx )
, ~_COS X+ co$x cotx _ Sin? x _ Sir? x _coSX_ 4
*TacOA=— _ = e : =——,—=cot' x
si x+sirF xtaf x . ., sinx  sif x(cod x+ siix) sin*x
Sin® X+ sirt x.
cos X co$ x
* Taco
cog x— 2sinx ( sirk ) _ % sfix- 2sim @ sin ) 1 sk YL sid iRsx_ (1-sin ¥
(1-sinx)cosx+ (¥ sirx )cox @ sikt ¥ sk )cos 2CrS 200S
. i . :
oo B=(1 smx)zl 2(1: silnx)= (& sk )@ six ) 4 anx:cosx
2cosx E sirx CoX CO%

e C=(1+cotx)sir x+ (¥ tarnx )coSx— six cop( +1C9ﬂj §irx+( +1%j dox sin cws
sinx COSX

=sin® X+ coS X+ COX Siix+ cdsx Sik SikR cos
= (sinx+ cosx )(Sif X+ COSx— Silx Cos+) cos Sk (s#h Cc®S ) Sin ©os
=(sinx+ cosx )(t sink cox 4 six cos (sik cos =) S CBS N XWOS

e Ta cOD =+/sin* x+ 4co x++/ cosx+ 4siﬁx:\/( 4 069§2+ 4c%)x+\/( -1 §ib)2+ 45y

=Jcod x+ 2coéx+ ¥+ sifix+ 2sfhix+ i\/( cOsc+ )21+\/( Sinx+ )21; dim  Gos =z
Vi du 4. Chang minh céeting thic sau:

sin’ x SinX+ cosx _ . 2 1
: - =sinX+ cosx b) 1-cot' x=———-—=
sinx-cosx  taAx- 1 sin x  sin® x
+ i . .
C 1S—mZX=1+ 2 cot’ x d) 2(1- sinx)(I+ cox ¥ (& six+ cos?
1-cog x
sin® x(1+ cosx )_ sirx+ tarx cos x-Sifx_ .,
) — = f) —————— =sin’ x.co$ x
coS X (I+ sinx ) cox+ Ccok cot® x— tarf x
- - 2
—_ i — +
9 1 4S'n2XCO§X:(S|nx—cosx5 fy SI°X cos x+ coSx_ 4

(sinx+ cosx § cos x— sirf x+ sirf x

Vi du 5: Rt gon cac béu thac sau
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_l-cosx 1
siPx 1+ cosx

a) A

\/1— cosx | cox
c)C= -
1+ cosx I cox

Vi du 6: Tinh giac ti cia cac ham&luong giac

a) sinx:i;0< x<%

V3

Cc) tanx+ cotx= 2;(< x<g

2 3
e) tanx— cotx=——= < X<—

J3 2

Vi du 7: Chng minh caalang thic sau

tanx sinx
a) —— ——— = COSX
sinx  cotx
e
ls—mzh 2tarf x
1-sirf x
Vi du 8: Chng minh caalang thic sau
sinx+ cosx— 1_ 2cox
a) =—
1-cosx SinK— cos+
sinx+3codx-1 _ ¢

sin® x + co$ x+ 3coéx— 1
Vi du 9: Ching minh céating thic sau
a) (cosx+ 1+ sinx )(cox— t six 3 2SIR cot

c) cos x— sirf x= codx (& tax )@ tar

d) sin®x(1+ cotx *+ codx (¥ tax ¥ sSix+ cox

1-sir? x.co$ x
-cog x

b) B= cos X

d) D =+/1- cof X.sirf X +

b) cotx=—x/_2;—g< x< 0

2 3r
d) cosx=— m< xX<—
J6 2
1=
fanx=—— —<x<n=
J3'2
b) sin*x+cog x-1 ¢
sinfx+coSx-1 ¢
- 2 _
d) sin® x tarfx:tanﬁx
cos x— cof x
1
b) —————=2+tarf x+ cof x
sin® x.cos$ x

d) cos x (2sirf x+ co$x ¥ % sihx

b) (1-sinx+ cosx j = 2(* six )@ cos

Vi du 10: Chirng minh &ng cac bdu thrc sau khdéng phthudc vaox?

2 cotx+1
a) A= +
tanx—1 cotx— 1

_ tar? x— sirf x
—— =" Neal x

¢ C= cot? x—cog X

Vi du 11: Tinh gia ti biéu thic

_ C0S X+ COX .Sifix— six

A — , VoI tanx = 2.
sin® x— cos x
1+cosx+ sik . 12 .
B=——""—"———— ,V4i cosx=—— van/2 <X<mn
1-cosx 13
2sirf x+ sinx.cosc+ cdsx .
C= , V&I tanx = 3.

sin* x— co$ x

b) B=2cog x- siff x+ sifi x cosSx+ 3sihx

d) D =sin’ x.tarf x+ 4sid x— taAx+ 3cdsx
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